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is due to LidskiT [S] and. Wielandt [76] . An inequality containing both (l) and (2) as special cases was found by Amir-Moez [7] . His somewhat complicated result goes as follows. If we are given integers i., ... , i 
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The proof of (7) Since (5) is sharper then (3), it is natural to ask whether an improvement and simplification of (7) along the lines of (5) is possible.
That such a simplification will exist is suggested by the fact that some of the subscripts in the first part of the left-hand side of (7) may coincide with some of the subscripts in the second part of the left-hand side. The proposed generalization of (6) along the lines suggested by (5) should take the following form:
It is not difficult to show that (8) is free of the defect that blemishes (7) , that is, the subscripts in the left-hand side of (8) are distinct.
Moreover, were (8) true, it would be sharper than (and simpler than) (7), in the same way that (5) is sharper and simpler than (3).
After this preamble, we announce one of the main results of this paper: the inequality (8) given. The f i r s t will use a device of Wielandt 118, p. 120] to derive (8) from (5), and the second will derive (8) directly by invoking the properties of a subspace constructed in [73] . we immediately obtain (8) from (12).
The four principal classes of inequalities
Throughout this section we let Fan [4] asserting that the sum of r diagonal elements of a hermitian matrix C dominates the sum of the r lowest eigenvalues of C . Thus
Fan's result is included in (l6) as a special case.
In the following we let 6 (y) be a jump function: 6 (y) = 0 if 
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Proof. Apply Theorem 3 to -C = ( --4 ) , taking j, = n + 1 -J .
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REMARK. The y subscripts on the left-hand side of (26) decrease as t increases.
Comparison with previously known inequalities
The previously known inequalities are those in 1101. We compare the inequalities in [J0, Theorem 2] with the inequalities in Theorem 1 above.
Thus we shall compare the subscripts in (7) and (8) .
Given a set of integers i , ,; satisfying (7.1) and (7-2) let s s 
